Rochester Center for
Economic Research

Deficits, Inflation, and the Banking System in Developing Countries: The Optimal
Degree of Financial Repression

Bencivenga, Valerie R. and Bruce D. Smith

Working Paper No. 214
January 1990

University of

Rochester




Deficits, Inflation, and the Banking System in
Developing Countries:
The Optimal Degree of Finacial Repression

Valerie R. Bencivenga and Bruce D. Smith

Rochester Center for Economic Research
Working Paper No. 214



DEFICITS, INFLATION, AND THE BANKING SYSTEM IN DEVELOPING
COUNTRIES: THE OPTIMAL DEGREE OF FINANCIAL REPRESSION

Valerie R. Bencivenga

University of Western Ontario

Bruce D. Smith

University of Western Ontario

and

Rochester Center for Economic Research

This research was done

Working Paper No. 214

January 1990

in part while the authors were visitors at the

Federal Reserve Bank of Minneapolis, which is thanked for its support.

However, it does not necess
second author gratefully ac
Harry Bradley Foundation an
Council of Canada.

arily endorse the views in this paper. Also, the
knowledges the financial support of the Lynde and
d the Social Sciences and Humanities Research






INTRODUCTION

It is often argued that a well—-functioning system of financial markets has beneficial
effects for countries in the early stages of industrialization [Cameron (1967), McKinnon
(1973), Shaw (1973)]. Specifically, the development of a banking system has been viewed as
playing a central role in determining both short—term real growth rates and long—run levels of
output in such economies. It is also often suggested that the primary impediment to the
development of an intermediary sector is legislative. In particular, government policies
associated with "financial repression” hinder the development of banks, and promote
self—financed investment and investment financed through "informal” (and presumably
inefficient) money markets. These arguments raise the possibility that the "liberalization" of
financial markets in developing countries can yield substantial benefits in the form of
increased output.

Nevertheless, financial repression associated with high reserve requirements and
deposit interest rate ceilings is widespread in developing countries. It has been recognized that
such "repressive" policies have some justification in economies where the government is
forced to monetize a sustained deficit. In particular, the kinds of arguments offered by Nichols
(1974) and Bryant and Wallace (1984) can be applied to developing countries to suggest that
efficient use of the inflation tax will also typically involve some legal restrictions to "augment”
the demand for money. This reasoning implies that developing countries face a trade—off in
the use of reserve requirements and interest rate ceilings: output losses from the use of such
instruments must be weighed against benefits derived from more efficient use of the inflation
tax. And indeed, analyses like that of McKinnon and Mathieson (1981) have considered the
"optimal degree of financial repression” in developing economies forced to rely on the
inflation tax.

This paper also addresses the question of the optimal extent of financial repression in
a developing economy faced with a sustained deficit that must be monetized. The approach

taken here departs from previous literature in two major ways. First, a general equilibrium



model of the role of liquidity provision in the determination of output and inflation is
provided. This model employs the insights of Diamond and Dybvig (1983) concerning the
role of liquidity provision by banks in the resource allocation process. Specifically, the
Diamond—Dybvig model of intermediation is embedded in an overlapping generations model
with production, capital accumulation, and outside money. A government faced with a deficit
that must be monetized is also introduced. As will be seen, the provision of liquidity by banks
interacts with the capital accumulation process, so that financial intermediation affects the
steady state level of output. The behavior of the banking system also interacts with the
savings behavior of individuals to determine the steady state inflation rate associated with any
given dgﬁcit and choice of reserve requirements or interest rate ceilings. Because the model
specifies the interactions between government policies, the bankingv system, and the rest of the
economy, the consequences of these policies for the steady state capital stock, output and
inflation can be analyzed in general equilibrium.

Second, the model allows "optimal" choices of government policies to be derived
when these policies affect not only the inflation rate, but also the steady state level of output.
These results expand on the treatment of "optimal repression” offered by McKinnon and
Mathieson (1981), which considers only the case where the time path of output is fixed
exogenously. Here the government is required to consider the trade—off between output losses
and more efficient use of the inflation tax when it chooses reserve requirements or interest rate
ceilings. Financial repression may tend either to reduce output in steady states, or to interfere
with efficient risk sharing in financial markets, or both. However, the model suggests that in
an economy with a positive deficit that must be monetized, some financial repression typically
will be desired on welfare grounds.

It is also possible to study, using this model, how the "optimal" degree of financial
repression depends on the size of government deficits. As will be seen, it typically will be
desirable to impose more severe (higher) reserve requirements in response to larger deficits.

Another question asked is when reserve requirements as opposed to interest rate ceilings



should be used. The answer is suggestive about the appropriate "order of financial
liberalization" discussed by McKinnon (1982).

Finally, the model provides a different perspective on "the new structuralist critique”
of financial liberalization, associated with Taylor (1980), van Wijnbergen (1983, 1985), Buffie
(1984), and Lim (1987). Certain (arbitrary) choices of reserve requirements imply that an
intermediary sector (operating subject to reserve requirements) will co—exist with an
"informal" financial sector (not subject to reserve requirements). When "formal and informal”
sectors co—exist, the model implies that all funds brought into the banking system via a
financial liberalization will come from the "informal sector". Because banks operate subject to
reserve requirements, savings channelled into investment through the informal sector result in
more capital formation than savings placed in intermediaries. This will mean that "local
financial liberalizations do not have expansionary effects, which is the essence of the new
structuralist critique. Nevertheless, it will be seen that such financial liberalizations are always
desirable on welfare grounds.

The paper proceeds as follows. Section I describes the environment, and analyzes
steady state equilibria in the presence of a constant deficit but without either binding reserve
requirements or interest rate ceilings. Section II studies the same economy under reserve
requirements (of less than 100%), focusing again on steady state equilibria. Adopting the
welfare of the representative agent in a steady state equilibrium as the objective, this section
analyzes "optimal" choices of reserve requirements. It is demonstrated that it is never optimal
to repress the economy to the point where "formal” and "informal” financial markets co—exist.
Also, responses of the optimal degree of repression and of inflation to changes in fiscal policy
are considered. Section III analyzes interest rate ceilings on deposits, and discusses when the
government has an incentive to impose such ceilings. Section IV comments on some of the
assumptions employed, and their role in the analysis. Section V concludes. Throughout the
model is one of a closed economy. We thus follow Taylor (1980) and McKinnon—Mathieson

(1981) in looking only at closed economy issues.



L THE MODEL: LAISSEZ-FAIRE

In the model constructed here, (a) there is a role for banks to provide liquidity, and
(b) the provision of liquidity by banks plays a central role in determining equilibrium levels of
output. This section studies the economy when banks are free of binding reserve requirements

and interest rate ceilings.

A. The Environment

The economy consists of an infinite sequence of three period lived, overlapping
generations. Time is discrete, and indexed by t = 0,1,.... Since only steady states will be
analyzed, a description of initial conditions may be omitted.

In this economy, a non—storable consumption good is produced using capital and
labor. For reasons that are given below, all capital is owned by a subset of old agents,
henceforth called "firms". It is assumed that each firm can use only its own capital in
production, or in other words, that there are no rental markets in c:apital.1 Letting kt denote
the capital stock of a representative firm at t, letting Lt denote per firm employment, and
letting Y denote per firm output of the consumption good, Y, = k?L%_e; 0 e (0,1). The
simplifying assumption is made that capital depreciates completely in one period.

Capital itself is produced using an investment technology according to which one unit
of the consumption good invested at time t yields R units of capital at time t + 2. This
gestation period may be interpreted as the lag between expenditures and receipts by firms that
is frequently emphasized in models of developing economies.2 Young agents and
intermediaries have access to the investment technology. However, capital that accrues at t+2
can be received only by the originating investor. Thus any originating investor who does not
operate a firm at t+2 loses his capital invest:ment.3

Agents in the model are as follows. At each date a young generation is born. Young
generations are identical (in particular, there is no population growth), and each contains a

continuum of (ex ante) identical agents. Young agents are endowed with a single unit of



labor, which is supplied inelastically (it is not an argument of agents' utility functions). Agents
have no endowment of the consumption or capital good at any date, and can work only when
young. Letting c; denote age i consumption (i = 1,2,3), all young agents have the utility
function
)] u(cl,cz,c3) = Zn(c2 + ¢c3)
where ¢ is an individual—specific random variable realized at the beginning of age 2. ¢ isiid
across agents, with probability distribution

0 with probability 1 — =

2) = .
1 with probability 7

where 7 € (0,1). This formulation of preferences is, of course, very closely related to that of
Diamond and Dybvig (1983). It implies a "desire for liquidity” on the part of savers that leads
to the formation of financial intermediaries. Finally, it is assumed that only agents with ¢=1
can operate firms.

(It will be noted that the preferences in (1) and (2) imply that all young period income
is saved. This specification has the attractive feature that any changes in the financial
environment resulting from government actions cannot affect savings rates. Therefore, no
results here will depend on assumptions about the impact of government policies on savings
behavior.)

There are two "primary assets” in this economy. One is investment in capital, which
has already been described. The second is government issued fiat currency. M, will denote
the stock of (outside) money in circulation at t (in per capita te:rms),4 and P, will denote the
time t price level (the dollar value of the consumption good). Share markets to capital in
process are precluded, as are intergenerational loan markets.

The last two assumptions merit some discussion. First, these are common
assumptions in the analysis of financially repressed developing economies. Taylor (1980,

p. 467) contends that a relevant institutional detail in such economies is that "the only primary



assets in the financial system are central bank liabilities (the monetary base) and the physical
capital stock...". A similar argument is made by McKinnon and Mathieson (1981, p.4).
Second, this paper focuses on situations in which government deficits must Be monetized. In
these situations the government must prevent other financial markets from "undermining” the
demand for money. In the model below, the existence of either share markets in capital or
markets for intergenerational lending will sometimes drive money out of the system
(depending on the productivity of capital and the money growth rate). Thus governments
facing a need to monetize deficits would also need to engage in "financial repression” in order
to preclude such markets. In fact, restrictions on share trading intended to prevent such trading
from undermining the banking system are not unknown historically [Amold (1937), p. 8-9].
And finally, a role for banks in this model depends in part on restricting markets in claims to
capital in process, just as in Diamond—Dybvig (1983).5 Thus such markets are assumed not to
exist. This assumption implies, of course, that only age 3 agents with ¢=1 will operate firms.
The final agent in the model is the government, which is assumed to expend the
consumption good in real amount g > 0 at each date (g is measured in per capita terms). The
government also levies a constant proportional income tax on young period wage earnings, at
rate T. Then, letting w, denote the time t real wage rate, the (per capita) deficit at tis g — Tw..

This deficit must be monetized,6 so the government budget constraint is (V t 2 1)
@) g=tw, + M -M_)h,

The situation of interest, of course, is where g > W,
B. Labor Markets

Equilibrium in the labor market is now described. This equilibrium is invariant to
changes in financial markets or fiscal policy.

At each date t, each age 3 agent with ¢ = 1 operates a firm. Since all agents were

identical when young, these firms have the same inherited capital stock, kt’ Taking this capital



stock and the real wage rate w, as given, each firm chooses an employment level Lt to

maximize k? Lt_e - WtLt' The solution to this profit maximization problem is to set

- 1/8
@ L =k [(1-8)w]".

Note that the firm owner retains Oyt, and substituting (4) into the production function gives per

firm profits (or the return to capital) at t as

@ adL®=ekra-eymw%,
where o = (1-0)/6.

While (4) gives per firm labor demand, per firm labor supply is 1/. This is because
all young agents supply one unit of labor. There are equal numbers of young and old agents,
but only old agents with ¢=1 operate firms. Thus, by the law of large numbers, only a fraction
7 of old agents operate firms, and in equilibrium per firm employment must be 1/n. Equating

Lt from (4) with 1/r gives the labor market clearing condition
©  w= 1Ok
C. Portfolio Decisions

Young agents may allocate their savings between the two primary assets described
above (money and the capital investment), and bank deposits. Banks promise that for each
unit of the consumption good deposited, r units of the consumption good will be paid if
withdrawal occurs after one period. For reasons to be discussed below, if withdrawal occurs
two periods after making a deposit r, units of the capital good will be paid per unit of the
consumption good deposited. Using equation (5), agents who withdraw after two periods then
earn the return E)[(I—O)/wt +2]0c per unit of capital, or r26[(1—6)/wt +2]a per unit deposited.
(The absence of a time subscript associated with I and I, anticipates the focus on steady state

equilibria).



At date t, then, each young agent has real after tax income (1—-1:)wt, all of which is
saved. Let L2 be the fraction of young period savings placed in bank deposits, Vs be the
fraction held as real balances, and Y3 = 1- V=V, be the fraction held in the form of direct
capital vinvestment (\|Ii e [0,1];i=1,2,3).

If r26[(1—9)/wt +2]oc >1q, it is straightforward to verify that bank depositors withdraw
after one period iff they experience ¢ = 0. This, along with two other facts, permits the
portfolio problem of young agents to be derived. The first fact is that, when g 2 W,
pt/pt +1 S 1 in steady state equilibrium. In this case all holdings of real balances will be
liquidated after one period (whether ¢ = O or not). Second, direct use of the investment
technology has value only if ¢ = 1, because only then will a firm be operated. If ¢ =1, one
unit of savings placed in the investment technology returns R units of capital at t + 2. Using
(5), the value of this capital, measured in terms of the consumption good, is R()[(I—G)/wt +2]a.

Then, assuming pt/pt +1 S 1, young agents choose W, and y, to solve the problem7
) max f[(1-t)w,] + (1-m) fly ;1) + W@ /Py 1]
+ mén{y, T, 0(1—8)/w, 1% + Wy (B /Py, 1)

+(1 =y — ) RO[(1-0)w, 1%} 0Sy; <1 i=123

Real balances are liquidated after one period, so VZ(pt/pt +1)(1—¢)wt is consumed at t + 1. If
¢ = 0 (which occurs with probability 1 — =), an additional \|11r1(1—1:)wt is consumed at t + 1.
If ¢ = 1 there is no additional consumption at t + 1, while consumption at t + 2 is

W BL(1-8)/w, ,1% + (1=, ~y,)RO[(1-8)/w, 1%

Assuming r26[(1—6)/wt+2]a >1g and pt/pt+1 < 1, it is easy to see that if pl/pH_1 <11,
then Yy = 0. In this case, bank deposits dominate real balances as an asset for young savers.
As will be shown below, whether or not reserve requirements are binding, 1, 2p l/pt +1 will

hold. Therefore, Yy = 0 will obtain for the remainder of this section (as well as in section II).



This, of course, means that all "money holdings" by individual savers are in the form of bank
deposits. This result is not inconsistent with other formulations of the "financial repression”
problem; for instance Taylor (1980) assumes it throughout his analysis.

Under the conditions of the previous paragraph, it is easy to derive the following

solution to (7):
8 W =min [lgi:i‘%, 1

. 8
ifR2 Ty

D. Intermediary Behavior

Intermediaries accept deposits from young savers at t and use them to purchase
primary assets. Let q denote the fraction of intermediary assets held in the form of capital,
and z = 1 — q denote the fraction held in the form of real balances. (Again, the absence of
time subscripts anticipates the focus on steady state equilibria.) In addition to q and z, banks
choose a value r for payments made (per unit deposited) to agents who withdraw one period
after making a deposit, and a value I, for payments received (per unit deposited) by agents
who withdraw two periods after making a deposit.

As in Diamond and Dybvig (1983), banks are viewed as cooperative entities
consisting of coalitions of young agents at t.9 These coalitions choose 1y, T, g, and z to
maximize the expected utility of a representative depositor, evaluated as of date t. In doing so
they take the time paths of {Wt} and {pt} as given, or in other words, intermediaries behave
competitively. Their choices must, of course, satisfy a set of resource constraints. Assuming
agents withdraw one period after making a deposit iff ¢ = 0, the relevant resource constraints

are
©  (-mr, =20/,

(10) nry = Rq
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where z=1— q.lo Notice that in this formulation, as in Diamond and Dybvig (1983),
depositors who wait two periods to withdraw become residual claimants on the assets of the
bank, and therefore receive all proceeds accruing from unliquidated assets. Such proceeds, of
course, accrue in the form of the capital good. Thus all agents who withdraw two periods after
making a deposit become firm owners (owners of capiml).11

Assuming that RG[(l——O)/wt +2]a > pt/pt +1 (so that money does not dominate capital
as an asset), it is easy to see that, under laissez—faire, V= 1 must hqld. Then banks choose
ISTROTEE and z to maximize the expected utility of depositors given vy = 1, or in other words,
to solve the problem

(1~ 1-m)h fn{r,0[(1-0 °‘
012321 [( T)Wt]+( ) I'1+1t .{rz [« )/Wt+2] }

subject to (9), (10), and z=1—q. The solution to this problem sets ¢ = w. Then (9) and (10)

imply that12

D 1 =PfPy

(12) T, = R.
E. Steady State Equilibrium

In the absence of government intervention, Y = 1, so all capital formation is

intermediated. In this case the time t + 2 (per firm) capital stock kt ) is given by

(13) kt = Rq(l——r)wl/m

This is because (1—“c)wt is time t savings, of which q(l—-‘c)wi is invested in capital formation.
The resulting per capita capital stock at t+2 is Rq(l—‘c)wt, which is divided among the fraction
7 of agents who did not withdraw at t + 1. Substituting (6) into (13) and using q = & gives the

equilibrium law of motion for the per firm capital stock:
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(14) ko= R1-0)(1-0nO.

Then, in a steady state equilibrium, kt = kt = k*, and from (14)
1
15 kr=1 R(1-0)(1—0)] 0.

Remaining steady state equilibrium values are readily derived. Letting w* denote the
steady state equilibrium real wage rate, from (6)
* = 1/o
(16) w* = (1-0)[Rn(1-8)(1-1)] " .

Then steady state real balances Mtlpt are given by \ylzw*(l-—t) = (1-q(1-tyw* =

(1-m)(1—t)w*. From the government budget constraint (3),

Py My /Py - E™W )
pt+1 - (Mt/Pt)

Assuming g > tw¥*, in steady state

Py (1-mA-tw* - (g—w¥)
an - 5 1= tmaow

The derivation of this equilibrium used the assumptions that (a) the return on capital
exceeds the return on real balances, and (b) r26[(1—6)/w*]a >1q. Since in equilibrium
r;=p 1/pt +i and I, = R, these conditions are equivalent. It must be checked, then, that

RO[(1-6)w*]* > p/p,, . From (16),
RO[(1-0)/w*]% =1/ro(1-1).

Therefore (a) and (b) are satisfied iff 1/[ro(1-T)] > pt/pt +1,7with pt/pt +1 given by_(17). Of
course 1 > pt/pt +pps0a sufficient condition for (a) and (b) is that 1/[ro(1—t)] 2 1. Needless
to say, this condition is not necessary, however.

Finally, for future reference, steady state welfare of young agents (in terms of their

expected utility) is given. Using V= l,g=m1y = pt/pt 1’ and Iy = R, steady state welfare
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is m[(1-t)w*] + (1-x) L’n(pt/pt +1) — 1 f[ro(1—1)], with w* and pt/pt +1 given by (16) and
an.

IL OPTIMAL REPRESSION: RESERVE REQUIREMENTS

This section analyzes the steady state equilibrium of this economy with an arbitrary
binding reserve requirement imposed by the government. A reserve requirement can be
viewed as specifying a maximum fraction (@) of a bank's portfolio that can be held in the form
of capital. From the results of the last section, clearly § < 7 must hold in order for the reserve
requirement to be binding.

After finding the economy's unique steady state equilibrium under any binding reserve

! L

requirement, the government's "optimal" choice of g for a given deficit is characterized. This
follows McKinnon and Mathieson (1981), who analyze steady state equilibria under a fixed
deficit. Here, however, welfare effects of changes in the size of the deficit are also analyzed.
Throughout, "optimal" choices refer to choices that maximize the expected utility of young

agents in the steady state equilibrium. This is also the criterion used by McKinnon and

Mathieson (1981).

A An Economy with a Binding Reserve Requirement

Consider an economy in which banks are constrained to setq<q < 11:.13 One
possibility is that vy = 1 continues to hold, or in other words, that all investment continues to
be intermediated. The second possibility is that Yy < 1, so that financial repression is
sufficiently severe to force some investment to be self—financed. (One might also interpret
self—financed investment as investment financed in unorganized "curb markets," which are not

subject to reserve requirements.) In either case, (9) and (10) imply that14

(18) 1y = (1-D@JP, /10 2oy

(19) r1,=Ryrn<R.
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From (8), all capital formation will still be intermediated (\|I1 =1 iff (1-r)R=2R — I, which
is equivalent to r, 2 TR. Using (19), this condition is satisfied iff g 2 152. The remainder of
this section considers reserve requirements satisfying q € [nz,n], so that y; = 1 holds. The
case where financial repression is severe enough to allow curb markets to arise (g < 11:2) is

discussed in section IL.B.

Steady State Equilibrium

As in the case of laissez—faire, the equilibrium wage rate at t is given by equation (6).
Since all wages are deposited, and since banks invest a fraction q of their time t deposits in
capital, the per firm capital stock evolves according to

20) k., =Ra1-Dw/m.

Substituting (6) into (20) gives the equilibrium law of motion for the capital stock:

__6-1

21 kt+2 =R(1-0)(1-v)gn” k..

t

Imposing k

+2 = kt =k in (21) gives the steady state equilibrium value of the capital stock:

1
@  k=draa-oa-m".

As is clear from (22), an increase in the reserve requirement (a decrease in @) reduces the
steady state capital stock (and hence output).

From (6), the steady state value of the real wage rate (W) is given by
A ~ /o0 _ o~ fn
(23) W =1-9Rq1-0)(1-0]"" = w(q,).
Since V= 1, the steady state equilibrium level of real balances continues to be given by

@4 Mp, = (1-D1-DW = (1-P(I-D(1-HRI1-(1-01/* = m(g1).



14

Then the government budget constraint implies that the steady state inflation rate is given by
25)  pPyq = (m@D) - [g-TW(@,D]}/m(@).
Of course, m(q,T) > g — Tw must hold in order for deficit finance to be feasible at the reserve
- requirement q. In this case the steady state inflation rate equals the steady state growth rate of
the money stock.

For future reference, it will be useful to know something about how steady state real

balances change with a change in the reserve requirement. From the definition in (24),

26)  m,(31 =m@ne-P/al1-0)1-.

Therefore ml(c],'c) > (<) 0 iff @ < (>)6, and changes in the reserve requirement have an
ambiguous effect on real balances.

It remains to discuss conditions under which r26[(1—-9)/v“v]oc > 1. Using (18), (19),
and (23), this expression is equivalent to
27 (1-m)/ro(1—T)(1—) > p[/pt +1°
Since pt/pt 41 < 1, (27) is satisfied if (1—m)/[ro(1—t)(1—-q)] 2 1, for instance. In general, of

course, (27) needs to be checked.

Discussion

Several features of the equilibrium just derived merit comment. First, McKinnon
(1982, p. 162) has argued that, in developing countries, "the rate of price inflation is largely
determined by the fiscal deficit and the way in which reserve requirements are set." As
equations (24) and (25) make apparent, our equilibrium has this feature. Moreover, as can be
seen from (22), reserve requirements also affect the steady state capital stock (and hence
steady state output). This serves to emphasize that this formulation displays an essential link
between "monetary policy” and the aggregate supply of goods, a link that is often emphasized

in the development literature [see, for instance, van Wijnbergen (1983)1.
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Second, from (25), for § € (T2,m),

%) M/Peer) _ 1 qop] {qa—e)m ¥ g(O@].

oq q(1—3)(1-9)
A sufficient condition for local increases in reserve requirements (reductions in g) to raise the
inflation rate, then, is that ml(q,t) > 0. The possibility that an increase in reserve
requirements will increase inflation arises in McKinnon and Mathieson (1981) as well,
although for much different reasons. Moreover, as mentioned above; increases in reserve
requirements reduce the steady state capital stock. Therefore, as in Stockman (1981), the
steady state inflation rate and the steady state capital stock can be inversely related. However,
Stockman accomplishes this by subjecting investment expenditures to a cash—in—advance
constraint.

Finally, consider the possibility that ml(n,t) <0 and g —tw > m(w,7). The latter
condition implies that the deficit is too large to be monetized in the absence of financial
repression. However, if the deficit is sufficiently close to m(w,t), then m1(1|:,1:) < 0 raises the
possibility that the imposition of binding reserve requirements will allow the deficit to be
financed. This suggests that governments with large deficits may be required by simple

considerations of feasibility to engage in financial repression.

Optimal Choice of Reserve Requirements

For the remainder of the section, we consider the case where m(q,t) > g — tw Vg e
[11:2,1:]. Using the expressions for r and Iy in (18) and (19), the expected utility level of a

representative young agent in the steady state equilibrium can be written as

@9 M1~ + (-DA1-D(p/p,, Y10 + Tl {RYOI(1-8)/51)

Substituting (23) and (25) into (29) and rearranging terms yields steady state expected utility

as a function of q and T:
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(30) V(@,7) = (n/o)m[RG(1-0)(1-1)] + (1-m)m[m(g,T) — (g—wW)]

+ th(8/n) — (1—m)n(1-—mw)

Vqe [1t2,7c].

One fact that is immediately apparent from (29) is that choosing g to minimize the
steady state inflation rate (which is the objective in McKinnon and Mathieson (1981), for
instance) does not maximize steady state welfare. This is, of course, because the equilibrium
real wage rate is also a function of the reserve requirement.

We now suppose that, for given values of g and 7, the government chooses q € [1t2,1c]
to maximize V(q,t). (The effects of varying T are considered below.) We establish in
proposition 1 and its corollary that there are three possibilities concerning the optimal choice
of q: @A) Vl(q,‘c) 20Vqe [1t2,1t]. In this case, the optimal reserve requirement is the "just
binding" choice g=r. (i) V,(@©)<0Yqe [n2.x], in which case G=n” is optimal. (iii)
V1(7C2,T) 202 Vl(n,'c).15 In this case there is a unique q € (1t2,1t) that maximizes V(q,t).

To establish that these are the only possibilities, we state the following proposition.

Proposition 1. Suppose that T< 1-8 holds.16 Then Vl(q,t) = 0 for at most one ge [1t2,7t]. If

V(@) =0 for any §, V{;(@7) <0 also holds.

Proof. From (30),

@3 V@ =moqg+ (1—7t)m1(q,1)[1+9T/(9f<"1)(1—T)]/[m((_lﬂ) — (g~™W(gD)]

= n/og + F(@G@)

where
F(q) = (1-mm(q,t)/{m(g,7) — [g—TW(§,D]} >0

G@ = [0 — q(1-1/q(1-g(1-7)(1-8),
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and where the second equality in (31) follows from (26). There are now three cases to
consider.

@  82x(l—1). Then G(@ 20V qe [x2.x], and from (31), V,(@¥) >0V q e [n2xl.
(b) G(1—r) > 6 for some J € [1t2,1t]. In this case G(G) < O can hold, and G(§) < 0 must
hold for any q such that Vl(q,r) = 0. Also, from (31),

() V@V =-mag’ +F@G’' @ + F @G@
It is easy to show that
G’ (@ = ~132(1—1) + 81203 (1-P>(1-1)(1-8) < 0.

Then, since G(q) < 0 when Vl(q,'t) = O,Vll(q,'t) < 0 holds for such Gif F'(q) 2 0. It
is straightforward to verify that F*(q) 2 0 in this case iff g 2 Tw(g,7)q(1-8)/(G—96). Hence if
this condition holds, V1 1((‘1,1:) < 0 whenever Vl(q,*u) = 0.
©) g(1—t) > 8, t < 1-6, TW(q,1)q(1-8)/(G-B) > g for some g € [11:2,1t]. In this case
substitution of Vl(q,t) = 0 into (32) and considerable manipulation establish that V1 1((‘1,1:) <0

whenever Vl(q,x') =0.

Proposition 1 also has the following corollary.

Corollary (a) V() > 0 implies that V, @02 0¥ g e (5wl (b) V(1) <O implies that
V,@» <0V qe [ral.

Proof. (a) Suppose to the contrary that Vl(q*,'l:) < 0 for some g* € [1t2,1t]. Then V has a
local minimum in the interval (G*,x). But this contradicts proposition 1. The proof of (b) is

identical.

Proposition 1 and its corollary establish that the three cases listed above exhaust the

possibilities with respect to the optimal choice of . We now discuss when each case occurs.
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Case 1. Vl(it,t) > 0. Then from the corollary Vl(q,t) 20Vqe [1t2,7t], and g=r is the

optimal choice of reserve requirement. Vl(n,’c) > 0 occurs in either of two eventualities.
First, from (31), it occurs if G(x) 2 0, which holds if 8 > n(1-t). Second, even if n(l—) > 0,
(31) and the definitions of F and G imply that V1(7t,1:) >0if

(33)  [6-n(1—7) + T2(1-0)(1-O)]W(r.T) > nOg.

Intuitively, there are two possibilities as to why it is optimal to set g=m in this case.
First, if ml(n,t) 2 0 (which dccurs iff 8 > =), increases in reserve requirements (reductions in
q) reduce output and real balances. The latter effect raises the inflation rate, and hence
imposing reserve requirements has no positive welfare consequences. If ml(n,'c) < 0, increases
in reserve requirements do raise the inflation tax base. However, if g is sufficiently small, in a
sense made precise by (33), any gains from this in the form of reduced inflation are more than
offset by declines in output.
Case 2. V1(1t2,1:) < 0. Then from the corollary Vl(q,‘c) <0Vge [7t2,1t], and it is optimal to
setq = 1c2. This is the largest reserve requirement consistent with \